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Tén bai hoc chi dé :

Giai tich 12 : Tich phan - Ung dung hinh hoc ciia tich

phan q
Hinh hoc 12 : Phuong trinh mat phang

Hoat dong 1 : Poc tai liéu va thwe hién cac yéu ciu

1.Tai liéu tham khdo :

- Sach gido khoa Giai tich 12 (ban chuén).

- Sach gido khoa Hinh hoc 12 (ban chuén).

- Céc video c6 lién quan dén bai hoc trén Youtube
(HS c6 thé tu do xem cac video phu hop véi kha ning
tiép thu ctia minh khi cé diéu kién).

2.Yéu céu :

- Hoc sinh xem lai huéng dan va thuc hién cac bai tap
rén luyén. (Phu luc 1)

- Trong qué thyc hién, néu thic méic hoc sinh dién vao
Phiéu tong hop thic mic (Phy lyc 2 - Pinh kém) va
som lién hé véi gido vién dé dugc kip thoi giai dap.

Hoat dong 2 : Kiém tra, danh gia qua trinh tw hoc

-Theo ddi hudng dan sira bai ctia GV trong céc tiét
hoc va tu stra chita ghi chl cac phan minh con sai sot.
-Stra vao tap day du va chup anh guri lai (theo yéu cau
GV).




Chuyén dé : Tich phan

I.Khéi niém tich phéan:

1.Dinh nghia:

Cho f(x) laham s lién tyc trén doan [a;b] .Gia st F(x) 1a mot nguyén ham cua f(x) trén doan [a;b] .Tich phan tir

b
adénb cuahamsd f(x) 1a: [ f(x)dx=F(X)[ = F(0) - F(a)

Trong do: u= f(x), u= f(x)



2.Nhén xét:
b b b
[ 0odx=[ f(®)dt=]f(u)du=...

3.Y nghia hinh hoc ciia tich phan : Néu ham sé f (x) lién tuc va khong am trén doan [a;b] thi dién tich S cua hinh

b
thang cong duoc giGi han boi dd thi cua ham sd f (x) |, truc Ox va hai duong thang x=a;x=b la: S = I f(x)dx .

a

I1.Tinh chét caa tich phan :

j.f(x)dx:o

_T f(x)dx = —T f (x)dx

b b
[Kf )dx=k[ f(dx  (keR)

j[ f (x)% g(x)]dx =j f (x)de_rJ.g(x)dx

j. f (X)dx = j. f (x)dx +i f (x)dx

I11.Phwong phap tinh tich phan

1.Phuong phap dbi bién sb:

Cho ham sé u=u(X) c6 dao ham lién tuc trén doan [a;b] , hamsé y = f (u) lién tuc sao cho ham hop f (u(x)) xac
u(b)

dinh trén [a;b] if(u(x))u'(x)dx= j f (u)du

u(a)
Cha y : Khi thyc hién d6i bién sb phai thuc hién doi can va tinh tich phan theo bién va can méi.

2.Phwong phap tich phan tirng phan:

b b
Néu hai ham s6 [a;b] va [a;b] c6 dao ham lién tuc trén doan [a;b] thi j u(X)v'(x)dx = (u(x).v(x))\: - j u'(x)v(x)dx

Hay jiudv = (uv)|:1 - _Tvdu












Chuyén dé : Ung dung caa tich phan
I.Tinh dién tich hinh phing:

1.Hinh phing gi¢i han béi mét dwdng cong va truc hoanh:

e Néuhamsd y = f(x) lién tuc, nhan gia tri khong am trén doan
[a;b] .Dién tich S cua hinh thanh cong gisi han db thi cia f(X)

b
truc hoanh va 2 dudng thing x=a,x=b 1a: § = [ f (x)dx
a

e Dién tich S caa hinh phing giéi han boi d thi cia ham sé f (X)

lién tyc trén doan [a; b] , truc hoanh va 2 duong thang

b
x=a;x=b 1a: § = [| f ()fdx

2.Hinh phing gi¢i han béi hai dwdng cong :

e Diéntich S caa hinh phang gidi han boi d thi cua hai ham sé
y = f(x); y=g(x) lién tuc trén doan udv , truc hoanh va 2 duong

b
thang x=a;x=b la: S:I|f(x)—g(x)|dx

Luu y:

o Néuhamsé y= f(x) khéng ddi ddu trén doan [a;b] thi:
b

[ £ (0dx

a

[1f (0ldx=

e Dién tich S caa hinh phang giéi han bai cac duong cong
x=f(y);x=g(y) (fvagla2ham sé lién tyc trén doan

[a;b] ) va2 duong thang y=c;y=d la:

b 0 a‘/c e
S =[|f(y)-g(y)|dy '

3.C4c dang thwong gap:

a/ Di¢n tich hinh phang gisi han béi dd thi ctia hai ham s y = f (x); y = g(X) lién tuc dén doan [a;b] va hai dudng
thang X = a; X =b (tinh theo bién x).

e Giai phuong trinh y = f(x); y =g(X) , tim nghiém trén khoang y = f (x); y = g(X) .
e Néu phuong trinh f (X) = g(x) khong c6 nghiém trén khoang (a;b) thi:

S = [|f () -g0)|dx=|[[ f (x)-g(x)]dx

a




e Néu phuong trinh f (X) = g(x) c6 nghiém duy nhét ¢ e (a;b) thi:

[ (x)—g(x)]dx j[f(x)—g(x)]dx.

—+

S =[|f()-g(x)|dx=

b
b/ Dién tich hinh phang giéi han boi d6 thi cia hai ham sé I[ f (x)—g(x)]dx lién tyc (tinh theo bién x).
a

e Giai phuong trinh f(x)=g(X) .

b b
e Néu phuong trinh f(X) = g(x) c6 hai nghiém a<b thi: S = ﬂ f(x)—g(x)|dx =||[ f (x)—g(x)]dx

b b
e Néu phuong trinh j [ f(x)—g(x)]dx co ba nghiém j [f(x)—g(x)]dx thi:

+

S=j|f(x)—g(x)|dx= j[f(x)—g(x)]dx

[[f00-g(0]dx

I1.Tinh thé tich:
1.Thé tich cia vit thé:

Cit vat thé H boi hai mat phang (P) va (Q) vudng goc vai truc Ox lan luot tai X = a; X =b(a < b). Mot mat phang ty y

vudng goc véi Ox tai diém x(a < x <b) cat H theo thiét di¢n co dién tich S(x) . Gia sir S(x) lién tuc trén doan [a;b]

b
“Thé tich V cia phin vat thé H gisi han bai hai mat phing (P) va (Q) 1a: V = j S(x)dx
a

Hinh 3 Hinh 4

Nhan xét: Thé tich khdi chop cut c6 chiéu cao h, dién tich ddy nho va day 16n lan luot bang B va B’ 1a :
h
v :§(B+ B+/BB')

2.Thé tich khbi tron xoay:

Cho hinh thang cong gigi han bai db thi ham s6 y = f (), truc Ox va 2 dudng thang x = a; x =b(a <b) quay xung

b
quanh truc OX tao thanh 1 khéi tron xoay. Thé tich V ctia khdi tron xoay tao thanh 1a: V = 72'-[ f2(x)dx

Nhan xét:



e Cho hinh phang gisi han bsi duang cong X = g(y) (g 1a ham sé lién tuc trén doan [c;d]), truc Oy va hai duang
thang y =c;y =d quay xung quanh truc Oy tao thanh mot khéi tron xoay. Thé tich V ciia khdi tron xoay tao

d
thanh 1a: V = 7 g°(y)dx .

e Thé tich V cua khéi chém cau ban kinh R va chiéucaoh 1a: V = zh? (R —2)

e Thé tich V caa khdi nén cut c6 chiéu cao h, ban kinh d4y 16n va day nho lan luot bang Rvar 1a

V:%ﬁh(R2+r2+Rr)

111.Bai toan chuyén déng :

e Van téc tuc thoi tai thoi diem t, 1 v(t,) =s'(t,) .
e Giatdc tuc thoi tai thoi diém t, 1 a(t,) =v'(t,) =s"(t,) .
e Quing duong vat di dugc trong khoang thoi gian tir thoi diém t =a dén thoi diém t=b(0<a <b):

5= jlv(t)dt

Bai tap ren luyén : SGK






Chuyén dé : PHUONG TRINH MAT PHANG

I.Vecto phap tuyén cia mit phing:

Vecto n# 0 goi Ia vecto phap tuyén ciia m3t phing () néu gia cia vecto vudng géc voi mat phing () .

Chay:
e Néu n 121 vecto phap tuyén ciia mt phing () thi kn(k #0) ciing 1a vecto phap tuyén cia mat phang () .
e Néu 2 vecto 5,6 khong ciing phuong va c6 gia song song hodc nam trong mat phang (a) thi mat phang (a)

nhan n= [é; 5] lam vecto phap tuyén.

I1.Phwong trinh téng quat cia mit phing :

1.Phwong trinh mit phing:

Mt phing (o) di qua diém M (Xy; Yo;Z,) vaco vipt n=(A;B;C) 1a: A(X—X,)+B(y—Y,)+C(z—-2,) =0



2.Pinh nghia:
Phuong trinh c¢6 dang Ax+ By +Cz+D =0, trong d6 A,B,C khong ddng thoi bang 0, duoc goi 1a phuong trinh téng
quét caa mat phang. Khi do, mat phang c6 mét vecto phap tuyén n = (A;B;C).

3.Cac trwong hop dac biét :

Cho mat phang (a) : Ax+By+Cz+D =0

e Néu D=0thi (a) di qua gbc toa do O.

e Néu A=0thi () song song hogc chtra truc OX.
e Néu B=0thi () song song hogc chtra truc Oy.
e Néu C=0thi () song song hoic chua truc Oz.
e Néu A=B=0va C =0 thi () song song hoac trang (Oxy).
e Néu A=C=0va B0 thi (a) song song hogc tring (Oxz).
e NéuB=C=0va A0 thi () song song hoic trung (Oyz).
e Mit phing toa d6 : (Oxy):z =0;(Oxz):y =0;(Oyz):x=0.

4. Phwong trinh theo doan chin:

Phuong trinh mat phang (@) di qua 3 diém A(a;0;0);B(0;b;0);C(0;0;c) vsi abc#0 la: §+




111.Vi tri treong ddi giira 2 mit phing :

Cho 2 mat phang () : Ax+By+Cz+D=0 va(f): A'x+B'y+C'z+D'=0

e (a)cit(B) < A:B:C=A"B":C'
A B C D
e (a)songsong (A) SN TE o D
A B C_D

o (a)trang (B) ST~

Nhan xét : (&) vudng géc (£) < AA'+BB'+CC'=0
Phuong trinh chim mit phing : Néu (o) cét (3) theo giao tuyén d thi moi mat phang chira d c6 phuong trinh dang :
m(Ax+By+Cz+D)+n(A'x+B'y+C'z+D")=0 véi (m*+n*>0)






IV.Khoang cach tir mét diém dén mét mit phing.

Cho mat phang (a) : Ax+By+Cz+D =0 vadiém M (X,; Yy;Z,) -Khoang cach tir diém M dén mat phang (&) la:

_ |A%, +By, +Cz, +D|

M) e

V.Géc giira hai mit phing.

Cho hai mat phing («) : Ax+By+Cz+D=0 va(f): A'x+B'y+C'z+D'=0

|AA+BB*+CC |
JA2+B2+C?A/A2+B?+C"

Goi ¢ lagoc giira 2 mat phang (o) va (fB) taco: Cosp =









PHIEU TONG HQP CAU HOI - THAC MAC

Phu luc 2

CUA HOC SINH TRONG QUA TRINH TU HQC HK2

Trudng THPT Nguyén Tat Thanh

Lép 12A....

HoVaten hoC SN & ..o i,

Bai

Noi dung hoc tap

Cau héi cia hgc sinh

Tich phén - Ung dung hinh hoc
cua tich phéan

Phuong trinh mit phang







